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plane :

i ) Motivic
Chern class in K- theory

2) lwahovi - Whittaker function .

3) Relation between 1182)
.
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1) Complex side .

Notations :
G reductive group la ,

B -Borel subgp .

T - max , torus .

W - Weyl group

X : = GG flag variety .

WEW
,

Xvi : = BWBIB Schubert cell .

Xcw ) : = XI Schubert variety .
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Definition of motivic Chern classes
.

( K- theoretic generalization of
MacPherson transformation )

.

two functors : Y la ,

Konar H ) : = FL 2¥43#zstyj --cutey ]
• f

+Eau→ Y]
U E Z

. K (Y ) : = Ko ( Gh ( Y
) ) open .

The (Brasseat - Schuermann - YoKura!

I ! natural transformation

Ny : KTVart- I → KC
-KD

,

ft
.
if Y is smooth ,

Mg ( Ey D= dylT*Y ) : =? yi [aiTH) .

Here y is a formal variable .
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Remark : a equivariant generalizations .
Feher - Riniauyi - Weber .

Flag Variety setting .

Alutfi - Mihal cee - Schurman
- S

.

T E X = Gfs
.

K
,
- Ix) : = KC Gheen )

.

Kept =Kk6hypH) = Kol Rept)
) -- ZET] .

Let lucycxcwi ) : = Mg ( Excuse> X) ) @
Kill?-4T

.

EI
.

G- =SLc2 . El
,

XHP
'

, lug ( Kids
' ) = E Oo]

MG (NH ) =MCy4P
' ) - kg Heidi )=dyilP

") - Ello]
.
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Demazure - Lustig operator .

Li simple root , BEP ,
minimal parabolic

x; : Ghz → Cfp; BEG operator 2 ; : I Tc¥Ii* C' KTCX)
.

(Demoscene).

f- XEXHT) , La : = Gx, Ga
¥

X Hecke algebra
⇒

Let Ti = ( ltyfairai - id .
(Titi ) (Ti -187

'

- o
.

Braid relations
.
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The : ( Alutti - Mihalwa - Schuermann .
- S )

" )
.

Ti ( lug Cxcwso ) ) = Mg ( XC
w sit ) if WE> w .

In particular ,
lhcycxcuso ) = Tw

. . ( [ Quid ,] ) 4=94
ideal sheaf .)

z) i : X GT
*X

,

iugcxasol
"

it gratis .]
Onstar

't mixed Hedge module .
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2) Langlands dual side .

• principal series representation .

F non- archimedean local field . Of EF , kf = residue field = Iq ,

a finite field .

Gu = Langlands dual group IF .

,
TV EB' E EV I = Iwahori - subgroup. . I E

G:(OF )
s

ly t

Buck⇒ E Eckel

I- ah unramified char . of TV (⇐ TET)

Principal series IndYIEII CE) . 9 GTF )
- Iwahori -Hecke alg .

✓
6

Let Itu : = ( tudou.IE,' t ) )
't 9 EE Il EMIT

⑦

② { fw WE
.

asse man a .

.



A standard basis in Itu :

←
city -_wHewBi WI .

Few l WEW ) ,

Ew = IBIFIWI .

( wahori -Whittaker functions .

J - an unramified principal character . of Nutt ).
BIT.NU

Whittaker functional : r

L : Iud: T → G
,

St
.

Land ) -0cal - 441 , heN.CH.

For any f- e Ind: t .

define Welf ) : GTF) → ①

g ti Llg
-fl

. ⑧



ing. under
the max. compact subgp. Gta)

spherical vector .

Spherical Whittaker function . We ( I %) : Guth→ Q
.

The:(Casselman - Shatila formula .)

M anti - dominant coweight of Gu
,
D - uniformizer of Of

W, I Yw ) co
-T = H T Li-Ted ca ) . xw.net

2> o f

char . of iv. highest weight
won

rep . of G .

IWahor i - Whittaker functions :

Wa ( Yw ) : GTF ) → 6
.
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3) Relations between D and 2)
.

Bond - Weil ⇒

fwm = XI GIB , talk ?Hi Hit GG. d.E KT 4th

Casselman
- ShahiKa

⇒

Wait Yw ) co
-T = Hat

.

cried in ) . YI GIB, Lulu !
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The :( Mihal Cee - S .) m anti -dominant coweight of Gu ,

Segre - type class
.

Weil 4who-9 =# 4-g- ' each )
' f
MC - q

- i ( X Casey )

X ( YB ,

la ④ ) al .

Remade : D Summey over w EW
,
we get the Casselman - Shatila formula .

2) proof uses work of Brubaker - Bump - Licata .

31

Cay
also be carpeted from colored vertex

ago
.

dels
.

Brubaker -Baciuwas -Bump - Gustafsson
'
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Thank you!
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